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On the Hilbert schemes of r points for monomial curve singularities

Masahiro Watari

Pfister and Steenbrink studies Hilbert schemes of r points for monomial curve singularities. Our aim in
this present paper is to show that if the Hilbert scheme of r points for given monomial curve singularity is
irreducible, then it is a rational projective variety.
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2 (Pfister, Steenbrink [1]). φr
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A2d : x = t2, y = t2d+1 (d ≥ 1),

E6 : x = t3, y = t4,

E8 : x = t3, y = t5
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Plücker

πΞ = 1, ( Ξ = {d1 + 1, · · · , dδ + 1})

Λ

(1) πΛ ∈ k[ai,j | 1 ≤ i ≤ δ, d1 ≤ j ≤ dδ]

Aφr(I) ai,j

(1 ≤ i ≤ δ, d1 ≤ j ≤ dδ)

(2) πΛ = (−1)lai,j

l Λ
Λ = {d1 + 1, . . . , di−1 + 1, j + 1, di+1 +

1, . . . , dδ + 1}
πΞ

XΛ =
πΛ

πΞ

(ψ ◦φr)(J(p1, · · · , ps))
J

k[X1,2··· ,δ, · · · ,
∨

XΞ, · · · , Xδ+1,··· ,2δ]/J

(ψ◦
φr)(J(p1, · · · , ps))

8 ([2], p.26, Corollary 4.5). 2
X Y

(1) X Y

(2) X Y U ,V U ∼= V

( 4 ) ψ ◦ φr

J(p1, · · · , ps) (ψ ◦φr)(J(p1, · · · , ps))
(p1, · · · , ps) J(p1, · · · , ps) 7

8
J(p1, · · · , ps)
. �

[1] G. Pfister, J.H.M. Steenbrink, “Reduced Hilbert
schemes for irreducible curve singularities”, J.
Pure and Applied Algebra. 77, 103-116, (1992).

[2] R. Hartshorne, “Algebraic Geometry”, Springer,
(1977)

[3] J. P. Serre, “Groupes Algébriques et Corps de
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